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Abstract
Different hemodynamic markers for stenosis development are considered,
assessed and compared. A recently proposed numerical approach is employed,
where stenosis development is modeled based on the local hemodynamic con-
ditions at the artery wall, determined using the lattice Boltzmann method. A
range of hemodynamic markers, commonly associated in the literature with
the progression of atherosclerosis, were considered. It was observed that using
the oscillatory shear index, which is related to the wall shear stress oscillating
from its mean direction, did not produce a realistic stenosis development. The
other markers produced stenosis growth comparable with observations from the
literature.
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1 INTRODUCTION
Cardiovascular diseases, of which atherosclerosis is a major contributor, account for over 35% of all deaths in the west-
ern world.1 It has been suggested that blood flow in the artery is a localizing factor in atherosclerosis.2 Many studies
have shown an association between regions of low wall shear stress (WSS) in an artery and the position when steno-
sis develops.3-13 It has also been suggested that oscillations in the shear stress, measured through the oscillatory shear
index (OSI) and/or the related relative residency time (RRT), are additionally important.4,5,7,10,12,14-16 From Gnasso et al.’s
study,3 Ku et al.,4 described increased residence time along the outer wall of the sinus which is caused by oscillations of
fluid velocity about a mean value close to zero. This occurrence delays the convection of fluid and traps fluid elements
near the outer wall for several cycles despite the absence of a clear region of stasis or of an area of permanent boundary
layer separation. It has also been suggested17 that OSI and RRT are the key hemodynamic parameters, rather than the
time-averaged (TA) WSS. Other authors have suggested low near-wall velocity7,8 and also high near-wall viscosity (due
to the non-Newtonian nature of blood).8,18
The lattice Boltzmann method (LBM)19 is a numerical technique for performing fluid flow simulations which is based
on a kinetic approach, rather than the more traditional computational fluid dynamics (CFD) approach of solving the
Navier-stokes equation. Application of the LBM to stenosis growth related problems has been considered by a number of
authors. Tamagawa and Matsuo20 presented a model for blood clotting using a tracer particle which adhered to the wall
following a rule based on it being in a region of low shear rate and also close to the wall. Tamagawa et al.21 extended this
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work. This work was extended to also include surface tension and particle concentration in the adhesion rule. An alter-
native approach22,23 also considered tracer particles with adhesion occurring based on the particles achieving a required
residence time in a near-wall location. Moiseyev and Bar-Yoseph24 considered coagulation of the blood based on an inte-
grated accumulation of the stress and a sufficient residential time. Karimpour and Javdan25 considered an LBM model
where stenosis development was modeled based on the OSI at the artery wall. Regions of high OSI were deemed to be
prone to atherosclerosis and layers of deposits were progressively put down in such regions. This resulted in a layer of
deposit at each step. Stamou and Buick26 simulated the early stages of stenosis development using a model where stenosis
development was focussed in regions of low time-averaged velocity. In contrast to the model of Karimpour and Javdan,25
this model enabled the stenosis to develop in a local manner, rather than in layers, and provides a more localized and
detailed description of the stenosis as it develops, albeit at a computational cost. Yan et al.27 proposed an LBM model
where cell adhesion was simulated using a Monte Carlo model. The results showed that the model was appropriate for
simulating wall adhesion; however, it was focussed on an idealized micro-vessel. A further LBM approach28 used a regu-
lar channel with similar dimensions to the carotid artery. A thrombosis process, involving platelets transported through
the blood, was then introduced to provide a growth model at the artery wall.
In addition to applications specific to stenosis growth, the LBM has also been applied to a range of applications relat-
ing to the carotid artery; generally where simulation is performed either for a healthy artery, or for one with a prescribed
level of stenosis. Pontrelli et al.29 provide an overview of recent developments, particularly relating to hemodynamics
applications with multi-scale aspects and demonstrates how they can be applied to problems such as atherosclerosis. Kim
et al.30 preformed simulations in arteries with varying pre-determined degrees of stenosis and investigated the reflection
of the pressure pulse at the stenosis and how this changed as the level of stenosis becomes more severe. Wang et al.31 per-
formed LBM simulations in both a straight artery section and also one with an idealized stenosis. They considered the
deformation of both sick and healthy red blood cells due to the hemodynamics and the artery geometry. The simulations
were focussed at micro-channels, but could also be applied at the scale of the carotid artery, and would be particularly
relevant when a high level of stensosis is present. Ge et al.32 considered details of velocity and WSS fields for a num-
ber of pre-determined carotid artery geometries including an unstenosed artery. As well as focussing on the velocity and
WSS from their patient specific arteries, they also considered aspects of parallel implementation required to provided a
detailed 3D representation. Chen et al.33 also considered the flow fields in a number of patient-derived artery geome-
tries. In particular, they focussed on the differences between the flows in terms of regions or reversed flow as well as
the time extent of both the reversed flows and secondary flows. Although they did not consider stenosis development,
they considered these regions to be strongly correlated with the formation of plaques. Chen et al. went on to identify
the features of the patient-specific geometries which led to the formation of the hemodynamic regimes associated with
atherosclerosis.
Although there are many indications in the literature that hemodynamic factors are important and can act as mark-
ers for atherosclerosis, a recent review34 has concluded that there is no consensus as to which of the markers in common
use are best placed to identify early stages of atherosclerosis. Here we consider a numerical model which predicts early
stenosis development based on a specified hemodynamic marker. Simulations of the blood flow, over a period of oscil-
lation, are simulated using an LBM approach and the hemodynamic marker calculated. The stenosis model is then
applied to increment the stenosis development, based on the marker. The hemodynamic parameter is then re-calculated
from a further periods of LBM simulation. The stenosis development is modeled using the model using an approach26
which used the TA near-wall velocity as the marker for stenosis development; here we expand this approach to consider
a range of different markers which are commonly identified in the literature. In this way, a marker-specific development
is realized, which enables comparison between the different markers and evaluation of how accurately the stenosis
development is modeled with respect to observations and additionally to enable their influence on stenosis development
to be assessed. A better understanding of the importance of different haeomodyamic markers will aid in the detection of
early atherosclerosis onset.
2 METHODS
The blood flow is simulated using the LBM19 and the development of the stenosis is modeled following.26 These two
numerical approaches are outlined below. Following References 25,26,35, and 36, the simulations will be performed in
2D and a rigid wall approximation will be applied. This allows the main features of the flow to be observed and gives a
good approximation in the stenosed region where the walls are not compliant.
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2.1 The lattice Boltzmann method
The LBM implemented here is based on the Bhatnagar-Gross-Krook (BGK) LBM equation19,37,38
fi(x + ei, t + 1) − fi(x, t) = −
1
𝜏
[fi(x, t) − f eqi (x, t)], (1)
where i is an index which labels the link directions, ei, of the regular grid used in the simulations and 𝜏 is the relaxation
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The blood is represented by a distribution function fi(x, t) defined on each of the links, including e0 = (0, 0). These
distribution functions evolve according to equation (1), where the left-hand-side represents streaming on the gird and the
right-hand-side simulates collisions in terms of a relaxation of the distribution functions toward their equilibrium values,
f eqi . The equilibrium distribution functions are found from the BGK collision operator in terms of the local velocity, u and
density 𝜌 as
f eqi (x, t) = wi𝜌
(
1 + 3ei ⋅ u +
9
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where w0 = 4/9, w1 =w2 =w3 =w4 = 1/9 and w5 =w6 =w7 =w8 = 1/36. The blood density, velocity, and strain rate tensor,39
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(fi − f eq)ei𝛼ei𝛽 . (5)
The relaxation time 𝜏 in Equation (1) determines the kinematic viscosity of the fluid as
𝜈 = (2𝜏 − 1)
6
. (6)
The LBM model described by Equations (1)–(6) is referred to as the single-relaxation-time LBM, due to the single
relaxation parameter, 𝜏. This is the approach applied here, in common with other LBM studies relating to the carotid
artery29,31,32,36 due to its efficient computation; however, it is worth noting that it does have some disadvantages. In par-
ticular, it can experience stability issues at high Reynolds number flows, where a multi-relaxation-time (MRT)40,41 model
can be applied. This includes a number of free parameters which can be selected to improve accuracy and stability.
In-flow boundary conditions were applied at the artery base by setting the distribution functions to their equilibrium val-
ues, Equation (4), for a velocity pulse adapted from Reference 42 and has previously been applied in References 25,26,43
and 44. The velocity was reduced in a linear fashion to zero in a small boundary layer at the artery wall. An outflow extrap-
olation scheme45 was applied at the top of the artery. Both the in and out flow boundaries were a significant distance from
the region over which the results are presented here. An extrapolation no-slip boundary condition46 was applied at the
artery walls. This is a second-order scheme which enables the artery geometry to be simulated to sub-grid accuracy.26,43,47
Simulation parameters were selected to achieve a Reynolds number (based on boundary layer thickness and the peak
velocity) of 307 and a Womersley parameter of 4.5.42 This was achieved with a diameter of 36 lattice units, a period of
66,987 time-steps, and 𝜏 = 0.5045.
2.2 Stenosis growth model
The stenosis growth model was first applied in Reference 26 where a full description is given. Here we briefly present the
key steps:
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1. The LBM is used to simulate a single period of motion in the artery. During the period, the hemodynamic properties
are monitored at the artery walls.
2. The site where the stenosis growth is to be modeled it determined based on the values of the markers. In Reference 26,
this was selected as the site (mesh point) with the minimum TA velocity. Here we consider a range of markers, defined
in Section 3.
3. At this site, the geometry of the boundary is augmented into the fluid. This is performed by moving the boundary point
(point where the link cuts the boundary) for the selected site. This involves three parameters:
(a) The augmentation direction. This is determined by finding the angle between each possible link and the artery
wall. The link closest the wall normal is selected and the boundary point on this link is augmented along the
normal.
(b) The augmentation length. The boundary point is moved a distance of 0.3 lattice units along the link. If this moves
the boundary point through a lattice mesh point, then the mesh point is removed from the simulation.
(c) The augmentation width. This is selected to be 1. This means that the boundary point remains connected to its
adjacent boundary points. If a straight line between the moved boundary point and one of its neighboring boundary
points, intersects a mesh link, then new boundary point(s) are created.
4. A further period is simulated with the next wall geometry and the process is repeated.
In Reference 26, it was shown that the model was independent of these augmentation parameters if the width was
selected as 1 and the length was less than or equal to 0.5 lattice units when the TA velocity was used as a marker. Prelim-
inary simulations suggested the same range applied to the other markers employed here and a value of 0.3 lattice units
was selected for the augmentation length to allow for a safety margin.
In this model, the stenosis develops every period and simulates the sequential development, based on the selected
marker, rather than the actual rate of development. Thus the motion of the wall in step 3b does not need to consider any
transfer of the wall motion into the fluid, since this would not happen every period of oscillation.
3 RESULTS AND DISCUSSION
In Reference 26, the TA near-wall velocity was used to determine the wall position, as the end of each period, where






where u(1) is the near-wall velocity measured 1 lattice unit from the wall.26 Here we consider how this, and a range of
other local hemodynamic markers affect stenosis development. The additional selected criteria are:
|u(1)t | = 1T ∫ T0 |u(1)t |dt, (8)
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The WSS is found as the magnitude of 𝝉w where36
𝜏w𝛼 = 2𝜈𝜌(S𝛼𝛽n𝛽 − S𝛽𝛾n𝛽n𝛾n𝛼), (14)
S𝛼𝛽 is found from Equation (5) where n is the normal to the boundary, determined as n ⋅ b = 0, where b is a local
vector along the artery boundary.26 The tangential component of u(1) is also found using b. Summation over repeated
Greek indices is assumed in Equation (14) and the definition of TADII . Although a non-Newtonian model is applied
here, TADII gives an indication of the variation in viscosity in a non-Newtonian fluid such as blood, with high vis-
cosity corresponding to low TADII . It also gives an alternative measure of the shear stress at the wall. The constant
of proportionality for RRT was found by normalizing with respect to the value three diameters upstream of the
bifurcation.48,49
3.1 Stenosis development
The development of the stenosis is shown in Figure 1. Figure 2 shows the development in layers in terms of the nor-
malized parameter T∗s representing the number of sites converted from wet to dry, normalized by the length of each
simulation: Ts = 747. All the simulations, except for the one based in the OSI, show a similar final geometry for the
stenosed artery, which is consistent with that reported in the literature.50-53 The simulation based on OSI is presented
for a shorter time, due to the stenosis developing around the limits of the buffer region. Despite the general similar-
ity, there are a number of differences: both in the shape of the final stenosis; and also its development. For example,
compared to the others, Figures 1(E) and 2(E) show the stenosis development extending further into the artery on the
ECA and extending less far along the ICA. Figures 1(G) and 2(G) show that when TADII is used as a marker the forma-
tion occurs fully on the ICA before switching to the ECA. This is in contrast to the other cases where the development
in the ECA occurs predominantly toward the start of the process. To further investigate the differences between sim-
ulations, Figure 3 shows ΔT∗s defined as T∗sX − T
∗




sY are the values of T
∗
s when the hemodynamic
marker X = u(1) and Y ∈ {u(1)t ,TAWSS, RFI, SI, RRT, TADII ,O:WS}. OSI was not considered here since the behavior in
Figures 1(H) and 2(H) is very different to the other cases. Figure 3(A,B) indicates that the markers u(1), |u(1)t | and TAWSS
are all enabling the stenosis to form in a very similar manner. The other parameters (RFI, SI, RRT, TADII , and O:WS)
cause the stenosis to develop in significantly different manners, compared to u(1). Figure 4 shows ΔT∗s for these param-
eters where X =O:WS and Y ∈ {RFI, SI, RRT, and TADII}. Considerable similarity is seen in Figure 4(C) and to a lesser
extent in Figure 4(A). This indicates that as a marker for stenosis development O:WS and RRT act is a very similar man-
ner, with RFI also producing a similar outcome. The results in Figures 1 to 4 indicating that using low time-averaged
near-wall velocity, time-averaged tangential near-wall velocity, and TAWSS to determine how and where the stenosis
develops all give a virtually identical outcome, and so can be used interchangeably as markers for stenosis forma-
tion. The results obtained using RRT and the ratio O:WS also showed considerable similarity to each other and so
these two markers can also be applied interchangeably. These two sets of markers along with RFI, SI, and TADII ,
although predicting different progression for the stenosis, all predict similar final geometries. OSI, on the other hand,
predicts a significantly different process which is not consistent with observations in the literature.50-53 This suggests
that although the OSI can be considered important in determining where the stenosis will develop, it is not on its own a
marker for stenosis development; and must be combined with other hemodynamic properties, such as TAWSS in a com-
bined parameter such as O:WS. Since the OSI parameter does not predict a realistic stenosis, it will not be considered
further.
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F I G U R E 1 Stenosis development in layers when the position of the development is determined by markers (A) u(1), (B) |u(1)t |, (C)
TAWSS, (D) RFI, (E) SI, (F) RRT, (G) TADII (H) OSI, and (I) O:WS
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F I G U R E 2 Stenosis development for markers (A) u(1), (B) |u(1)t |, (C) TAWSS, (D) RFI, (E) SI, (F) RRT, (G) TADII , (H) OSI, and (I) O:WS
3.2 Geometrical development
To further assess the effect of the different markers, Figure 5 shows the area converted from wet to dry on the ECA
and ICA as a function of T∗s . On both walls, the curves for u(1), |u(1)t |, TAWSS are consistent with the first two being
almost indistinguishable. The two curves for RRT and O:WS are also very consistent with each other. The curve for
RFI is similar to the RRT/O:WS curves, while TADII and SI curves are somewhat different to the others. The similarity
between the development predicted by the u(1), |u(1)t | and TAWSS markers show many similarities, such as the initial
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F I G U R E 3 ΔT∗s , where X = u(1) and (A) Y = |u(1)t |, (B) Y= TAWSS, (C) Y= RFI, (D) Y= SI, (E) Y= RRT, (F) Y= TADII , and (G) Y= O:WS
predominance of development on the ECA; however, there are also some small differences. The development switches
from the ECA to the ICA at T∗s ≃ 0.25 for the |u(1)t | marker, but not until T∗s ≃ 0.4 for the u(1) and slightly later (T∗s ≃ 0.45)
for TAWSS. After T∗s = 0.45 the markers u(1) and |u(1)t | are virtually indistinguishable, while the TAWSS marker predicts
development predominantly on the ICA. The RRT and O:WS markers predict similar development to each other with the
most significant difference occurring before T∗s = 0.35 when the RRT marker initially shows a preference for development
on the ICA relative to the O:WS. The RFI marker also predicts similar development to the RRT/O:WS markers, but predicts
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F I G U R E 4 ΔT∗s , where X =O:WS, (A) Y= RFI, (B) Y= SI, (C) Y= RRT, and (D) = Y= TADII
F I G U R E 5 Area removed
from (A) the ECA and (B) the
ICA by the developing stenosis
for different markers
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F I G U R E 6 (A) Artery sections and the change in artery diameter as the stenosis develops along sections (B) S1, (C) S2, (D) S3, (E)S4,
(F) S5, and (G) S6, for alternative markers
a more uniform development on both walls with the development consistently slower on the ECA, with respect to the
RRT/O:WS markers, and slightly faster on the ICA. The predicted behavior from the SI and TADII markers are consistently
different from the other markers. SI development is initially similar to RRT up to T∗s ≃ 0.35. After this the development is
predominantly on the ECA. In contract TADII predicts initial development on the ICA up to T∗s ≃ 0.55, before development
switches to the ECA.
Another useful way to characterize the stenosis development is through the diameter of the artery. This is shown
for a number of sections, shown in Figure 6(A), where the black geometry is for a healthy artery (T∗s = 0) and the red
geometry is a stenosed artery (T∗s = 1) when u(1) is used as the marker. The change in diameter along the sections is
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F I G U R E 7 u(1) on outer wall of ECA, over the development of the stenosis when the applied marker is (A) u(1), (B) O:WS, (C) RFI, (D)
SI, and (E) TADII
shown in Figure 6(B–G), for the different markers. The curves further highlight the strong similarity of u(1), |u(1)t | and
TAWSS. RRT and O:WS are again shown to be similar; RFI is somewhat similar to RRT and O:WS in some regions, while
in others difference can be observed. TADII and SI show a different development. Development on the ECA affects the
development on section S1, S2 (lower stenosis development)and S4 (upper stenosis development), while sections S5, S6
are only effected by stenosis development in the upper region of the ICA. Section S3 shows changes relating to the middle
region of the ECA and the low region of the ICA. Despite the overall similarity on the predictions from the u(1), |u(1)t |
and TAWSS markers, the section also highlight some differences. For example, on sections S1 and S2 (Figure 6(B,C)), the
TAWSS marker generally predicts a slightly earlier and more substantial development in the lower region of the ECA
development, while on section S4 (Figure 6(E)), the opposite is true in the upper region, particularly for T∗s > 0.45. The
main differences between the prediction of RRT and O:WS and on section S3 (Figure 6(D)) where the RRT marker predicts
a more gradual reduction in diameter up to T∗s = 0.3, and on section S5 (Figure 6(F)), corresponding to the upper ICA
stenosed region, where the RRT marker predicts a larger reduction in the diameter up to T∗s = 0.5. Differences between
the RFI marker and the RRT/O:WS markers are also most evident in this region with RFI predicting a faster and larger
development in this time frame. Figure 6 also displays the rather different predictions which arise from both the TADII
and the SI markers. For example on sections S1, S2 and to a lesser extend S4, the SI marker predicts a smaller diameter
(and so more stenosis development) on the ECA for the majority of the process, while the TADII marker generally predicts
less development. The opposite is observed on S5 and S6. This is consistent with the observations from Figure 5.
The effect of the different marker on the wall hemodynamics is investigated over the time of stenosis development
in Figures 7 to 9 for the ECA. The hemodynamic properties shown are u(1) in Figure 7, RFI in Figure 8, and OSI in
Figure 9. In each of these figures, results are presented for different markers: (A) u(1), (B) O:WS, (C) RFI, (D) SI, and (E)
TADII . The results obtained when |u(1)t | and TAWSS were used as markers showed the same features as part (A) (u(1)) and
those obtained using RRT as a marker gave similar results to part (B) (O:WS); and so have not been included. Comparing
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F I G U R E 8 RFI on outer wall of ECA, over the development of the stenosis when the applied marker is (A) u(1), (B) O:WS, (C) RFI, (D)
SI, and (E) TADII
F I G U R E 9 OSI on outer wall of ECA over the development of the stenosis when the applied marker is (A) u(1), (B) O:WS, (C) RFI, (D)
SI, and (E) TADII
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Figures 7(A,B), the same behavior is observed up to T∗s ≃ 0.3; after this the behavior differs: in particular the low near-wall
velocity region is maintained in Figure 7(B) for much longer and is still fairly prominent at T∗s = 1. This is also evident
when comparing Figures 8(A,B) and 9(A,B) where the regions of significant RFI are similar for T∗s < 0.3; however for
T∗s > 0.3, there are significant differences with considerably more reverse flow when when O:WS is used as a marker—that
is despite the marker acting to remove areas of low OSI (through enabling the stenosis to develop in such areas), albeit in
conjunction with the TAWSS through O:WS. In each case, differences are also observed when RFI, SI, and TADII are used
as markers. Figure 7(C) shows similar behavior to Figure 7(B) in that the low velocity region is maintained longer than
in Figure 7(A), but the averaged velocity alters more uniformly. Figure 7(D) shows slightly different behavior with the
low averaged velocity region ending move abruptly at each y-position. Figure 7(E) also shows a different behavior, with
the initial profile extending to around T∗s = 0.6 before the low velocity region expands downstream. This is due to the
stenosis only forming initially on the ICA, as seen in Figures 1(G), 2(G), and 5. Interestingly in Figure 1(G), the stenosis
expands further downstream (y > 50mm) when TADII is used as a marker, compared to Figure 1(A) when u(1) is used.
This can be observed in Figure 7(E) where the low average velocity region also reaches beyond y= 50 mm, for T∗s > 0.9.
Here the low averaged velocity region appears to pierce through the higher velocity region (y> 50 mm). The observations
for the RFI, SI, and TADII markers are consistent with Figures 8 and 9, which show regions of reversible and oscillatory
flow associated with low average-velocity region. Similar behavior was also observed for the ICA.
4 CONCLUSION
In terms of a marker for the stenosis development, the near-wall time averaged velocity u(1), its tangential magnitude|u(1)t |, and the TAWSS all produce very similar stenosis development and the resulting hemodynamic wall parameters
are affected in a very similar manner. Markers RRT and O:WS also produce stenosis development and the associated
hemodynamic wall parameters which are similar to each other.
RFI, SI, and TADII markers produce noticeable differences between each other and between the two sets of parameters
described above (u(1), |u(1)t |, TAWSS, and RRT, O:WS). In each case, the stenosis develops in a slightly different way and the
near wall hemodynamic behavior is also different. Despite the differences in formation, the form of the stenosis on both
the ECA and ICA is similar for each of the markers and consistent with observations in the literature.50-53 This suggests
that each of these hemodynamic properties are good markers for stenosis development.
In contrast, when OSI is used as a marker, the simulations presented here show the stenosis being formed in a signifi-
cantly different manner which is not consistent with literature observations. Low near wall velocity, as measured through
u(1) produced a realistic stenosis formation as did O:WS. Although differences were observed for these two markers,
both produced results consistent with literature and so it is not possible to determine which marker is superior; how-
ever, the similarity suggests that considering OSI in conjunction with the TAWSS at least in terms of the O:WS parameter
considered here, does not produce a significant advantage over using low TAWSS on its own, or indeed low near wall
velocity.
Details of imaged stenosed geometries in the literature are varied and focus on particular stages of development in
different patients. Since stenosis development is patient specific, there is no pathway for linking these images or knowing
how a stenosis will develop. Using a stenosis growth model enables this evolution to be observed. Additionally it gives a
method for evaluating and comparing the many different hemodynamic markers for stenosis growth which are discussed
in the literature and which can be difficult to compare between studies due to the different artery models/images which
are used. Here different markers have been compared in a systematic manner to determine the effect they have on stenosis
development and how they change as the stenosis develops. This showed that some of the markers, such as u(1), and
TAWSS, produced very similar results, suggesting they could be used interchangeably, It was also shown that WSS and
OSI, the two most commonly used markers, produced significantly different results and that using OSI as a marker did not
produce a realistic outcome. While the final outcome is affected by both the marker and the choice of stenosis model, the
results from this work suggest WSS and OSI cannot be considered as interchangeable markers and that a different marker,
such as TAWSS or O:WS would be a better choice than OSI. A deeper understanding of the role of these hemodynamic
markers is important when interpretation the results of patient-specific simulations in terms of the potential for the onset
of atherosclerosis.
Further work is required to investigate wither alternative stenosis growth models identify the same differentiation
between markers, and also to expand the simulations to 3D to investigate the effect of features such as swirl which can not
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be captured in a 2D model. The approach to stenosis modeling applied here could be applied to facilitate a development
to 3D.
PEER REVIEW INFORMATION
Engineering Reports thanks Valentina Mazzi and other anonymous reviewers for their contribution to the peer review of
this work.
DATA AVAILABILITY STATEMENT
The data that support the findings of this study are available from the corresponding author upon request.
CONFLICT OF INTEREST
The authors have no conflict of interest relevant to this article.
AUTHOR CONTRIBUTIONS
Aikaterini Stamou: Data curation, formal analysis, investigation, methodology, software, validation, writing-original
draft, writing-review and editing. Jovana Radulovic: Formal analysis, investigation, project administration, supervi-
sion, writing-original draft, writing-review and editing. James Buick: Conceptualization, formal analysis, investigation,
methodology, project administration, software, supervision, writing-original draft, writing-review and editing.
ORCID
James M. Buick https://orcid.org/0000-0001-6936-0301
REFERENCES
1. Alwan A. Global Status Report on Noncommunicable Diseases 2010. World Health Organization; 2011. https://www.who.int/nmh/
publications/ncd_report2010/en/.
2. Zarins CK, Taylor CA. Hemodynamic factors in atherosclerosis. Moore WS, Vascular Surgery. A Comprehensive Review. Philadelphia, PA:
W.B. Saunders Company; 1996;97-110.
3. Gnasso A, Irace C, Carallo C, et al. In vivo association between low wall shear stress and plaque in subjects with asymmetrical carotid
atherosclerosis. Stroke. 1997;28(5):993-998.
4. Ku DN, Giddens DP, Zarins CK, Glagov S. Pulsatile flow and atherosclerosis in the human carotid bifurcation. positive correlation between
plaque location and low oscillating shear stress. Arterioscler Thromb Vasc Biol. 1985;5(3):293-302.
5. Rikhtegar F, Knight JA, Olgac U, et al. Choosing the optimal wall shear parameter for the prediction of plaque location – a patient-specific
computational study in human left coronary arteries. Atherosclerosis. 2012;221(2):432-437. https://doi.org/10.1016/j.atherosclerosis.2012.
01.018.
6. Birchall D, Zaman A, Hacker J, Davies G, Mendelow D. Analysis of haemodynamic disturbance in the atherosclerotic carotid artery using
computational fluid dynamics. Eur Radiol. 2006;16(5):1074-1083. https://doi.org/10.1007/s00330-005-0048-6.
7. Asakura T, Karino T. Flow patterns and spatial distribution of atherosclerotic lesions in human coronary arteries. Circ Res.
1990;66(4):1045-1066.
8. Giannoglou G, Soulis J, Farmakis T, Farmakis D, Louridas G. Coronary vessel wall thickening in relation to velocity and viscosity
distribution. Computers in Cardiology 2000. Cambridge, MA: IEEE; 2000:683-686. https://doi.org/10.1109/CIC.2000.898616.
9. Gallo D, Bijari PB, Morbiducci U, et al. Segment-specific associations between local haemodynamic and imaging markers of early
atherosclerosis at the carotid artery: an in vivo human study. J R Soc Interface. 2018;15(147):20180352. https://doi.org/10.1098/rsif.2018.
0352.
10. Gallo D, Bijari U, Morbiducci Y. Vairo G, ed. Hemodynamic factors associations with early atherosclerotic changes at the carotid bifur-
cation. Proceedings VII Meeting Italian Chapter of the European Society of Biomechanics (ESB-ITA 2017). Rome, Italy; University of Rome;
2017. http://www.esb-ita.it/esb-ita17-%c2%a6-home/esb-ita-17-accepted-contributions/.
11. Bit A, Ghagare D, Rizvanov AA, Chattopadhyay H. Assessment of influences of stenoses in right carotid artery on left carotid artery using
wall stress marker. Biomed Res Int. 2017;2017:2935195. https://doi.org/10.1155/2017/2935195.
12. Domanin M, Gallo D, Vergara C, Pietro Biondetti P, Forzenigo LV, Umberto Morbiducci U. Prediction of long term restenosis risk after
surgery in the carotid bifurcation by hemodynamic and geometric analysis. Ann Biomed Eng. 2019;47:1129-1140. https://doi.org/10.1007/
s10439-019-02201-8.
13. Morbiducci U, Mazzi V, Domanin M, et al. Wall shear stress topological skeleton independently predicts long-term restenosis after carotid
bifurcation endarterectomy; 2020
14. Soulis JV, Lampri OP, Fytanidis DK, Giannoglou GD. Relative residence time and oscillatory shear index of non-Newtonian flow models
in aorta. Paper presented at: Proceedings of the 2011 10th International Workshop on Biomedical Engineering. Kos, Greece; 2011:1-4.
https://doi.org/10.1109/IWBE.2011.6079011.
STAMOU et al. 15 of 16
15. Peiffer V, Sherwin SJ, Weinberg PD. Does low and oscillatory wall shear stress correlate spatially with early atherosclerosis? a systematic
review. Cardiovasc Res. 2013. 99(2):242–250. https://doi.org/10.1093/cvr/cvt044.
16. Zarins CK, Giddens DP, Bharadvaj BK, Sottiurai VS, Mabon RF, Glagov S. Carotid bifurcation atherosclerosis. quantitative correlation of
plaque localization with flow velocity profiles and wall shear stress. Circ Res. 1983;53(4):502-514. https://doi.org/10.1161/01.RES.53.4.502.
17. Hoi Y, Zhou YQ, Zhang X, Henkelman RM, Steinman DA. Correlation between local hemodynamics and lesion distribution in a novel
aortic regurgitation murine model of atherosclerosis. Ann Biomed Eng. 2011;39(5):1414-1422. https://doi.org/10.1007/s10439-011-0255-z.
18. van Wyk S, Wittberg LP, Fuchs L. Atherosclerotic indicators for blood-like fluids in 90-degree arterial-like bifurcations. Comput Biol Med.
2014;50:56-69. https://doi.org/10.1016/j.compbiomed.2014.03.006.
19. Chen S, Doolen G. Lattice Boltzmann method for fluid flows. Annu Rev Fluid Mech. 1998;30:329-364.
20. Tamagawa M, Matsuo S. Predictions of thrombus formation using Lattice Boltzmann method (modeling of adhesion force for particles to
wall). JSME Int J Ser C. 2004;47(4):1027-1034.
21. Tamagawa M, Kaneda H, Hiramoto M, Nagahama S. Simulation of thrombus formation in shear flows using Lattice Boltzmann method.
Artif Organs. 2009;33(8):604-610.
22. Harrison S, Smith S, Bernsdorf J, Hose D, Lawford P. Application and validation of the Lattice Boltzmann method for modelling
flow-related clotting. J Biomech. 2007;40(13):3023-3028.
23. Bernsdorf J, Harrison SE, Smith SM, Lawford PV, Hose DR. Applying the Lattice Boltzmann technique to biofluids: a novel approach to
simulate blood coagulation. Comput Math Appl. 2008;55(7):1408-1414.
24. Moiseyev G, Bar-Yoseph PZ. No need for particle tracing: from accumulating fluid properties to novel blood coagulation model in the
lattice Boltzmann method. J Biomech. 2010;43(5):864-870. https://doi.org/10.1016/j.jbiomech.2009.11.011.
25. Karimpour H, Javdan E. Simulation of stenosis growth in the carotid artery by Lattice Boltzmann method. J Mech Med Biol. 2014;14(02).
https://doi.org/10.1142/S021951941450016X.
26. Stamou AC, Buick JM. An LBM based model for initial stenosis development in the carotid artery. J Phys A Math Theor. 2016;49(19):195602.
27. Yan W, Liu Y, Fu B. LBM simulations on the influence of endothelial SGL structure on cell adhesion in the micro-vessels. Comput Math
Appl. 2019;78(4):1182-1193.ICMMES-2015. https://doi.org/10.1016/j.camwa.2016.07.005.
28. Puig-Arànega A. Review of Boundary Conditions and Investigation Towards the Development of a Growth Model: A Lattice Boltzmann Method
Approach [PhD thesis]. Spain: Universitat Rovira i Virgili; 2016.
29. Pontrelli G, Halliday I, Melchionna S, Spencer TJ, Succi S. Lattice Boltzmann method as a computational framework for multiscale
haemodynamics. Math Comput Model Dyn Syst. 2014;20(5):470-490. https://doi.org/10.1080/13873954.2013.833523.
30. Kim Y, Kim Y, Lee J. Analysis of wave reflection of a stenotic vessel blood pressure wave using the lattice Boltzmann method and
impedance boundary condition. J Mech Sci Technol. 2016;30:3719-3728. https://doi.org/10.1007/s12206-016-0734-0.
31. Wang R, Wei Y, Wu C, Sun L, Zheng W. Numerical simulations of the motion and deformation of three RBCs during poiseuille flow
through a constricted vessel using IB-LBM. Comput Math Methods Med. 2018;2018:9425375. https://doi.org/10.1155/2018/9425375.
32. Ge S, Xie J, Wang H, Zhu C, Zhang W. Large-scale lattice boltzmann method simulations of stenosed carotid bifurcation. 2019 IEEE 21st
International Conference on High Performance Computing and Communications; IEEE 17th International Conference on Smart City;
IEEE 5th International Conference on Data Science and Systems (HPCC/SmartCity/DSS); 2019:1076-1084; IEEE.
33. Chen Y, Yang X, Iskander AJ, Wang P. On the flow characteristics in different carotid arteries. Phys Fluids. 2020;32(10):101902. https://
doi.org/10.1063/5.0022092.
34. Spanos K, Petrocheilou G, Karathanos C, ; Labropoulos N, Mikhailidis D, Giannoukas A. Carotid bifurcation geometry and atherosclerosis.
Angiology 2017; 68(9): 757–764.https://doi.org/10.1177/0003319716678741
35. Artoli A, Kanhai D, Hoefsloot H, Hoekstra A, Sloot P. Lattice BGK simulations of flow in a symmetric bifurcation. Futur Gener Comput
Syst. 2004;20(6):909–916. https://doi.org/10.1016/j.future.2003.12.002.
36. Kang X. Assessment of the pulsatile wall shear stress in the stenosed and recanalized carotid bifurcations by the lattice Boltzmann method.
Comput Fluids. 2014;97:156-163.
37. Qian YH, d’Humières D, Lallemand P. Lattice BGK models for Navier-Stokes equation. Europhys Lett. 1992;17(6):479-484.
38. Bhatnagar PL, Gross EP, Krook M. A model for collision processes in gases. I: small amplitude processes in charged and neutral
one-component system. Phys Rev. 1954;94:511-525.
39. Artoli A. Mesoscopic Computational Haemodynamics [Ph.D thesis]. Amsterdam, Netherlands: University of Amsterdam; 2003.
40. d’Humières D. Generalized Lattice-Boltzmann equations. In: Shizgal BD, Weaver DP, eds. Rarefied Gas Dynamics: Theory and Simulations.
Vol 159. Washington DC: AIAA Press; 1992:450-458. https://doi.org/10.2514/5.9781600866319.0450.0458.
41. d’Humières D, Ginzburg I, Krafczyk M, Lallemand P, Luo LS. Multiple-relaxation-time Lattice Boltzmann models in three dimensions.
Philos Trans Math Phys Eng Sci. 2002;360(1792):437-451.
42. Holdsworth D, Norley C, Frayne R, Steinman D, Rutt B. Characterisation of common carotid artery blood-flow waveforms in normal
human subjects. J Physiol Measur. 1999;20:219-240.
43. Boyd J, Buick J, Cosgrove JA, Stansell P. Application of the lattice Boltzmann model to simulated stenosis growth in a two-dimensional
carotid artery. Phys Med Biol. 2005;50(20):4783-4796.
44. Boyd J, Buick JM. Comparison of Newtonian and non-Newtonian flows in a two-dimensional carotid artery model using the lattice
Boltzmann method. Phys Med Biol. 2007;52(20):6215-6228.
45. Neal M. A Study of the Brass Instrument Lip Reed Mechanism using Artificial Lips and Lattice Boltzmann Flow Simulations [PhD thesis].
Edinburgh, Scotland: University of Edinburgh; 2002.
46. Guo Z, Zheng C, Shi B. An extrapolation method for boundary conditions in lattice Boltzmann method. Phys Fluids. 2002;14(6):2007-2010.
16 of 16 STAMOU et al.
47. Boyd J, Buick J, Cosgrove J, Stansell P. Application of the lattice Boltzmann method to arterial flow simulation: investigation of boundary
conditions for complex arterial geometries. Austra Phys Eng Sci Med. 2004;27(4):147-152.
48. Lee SW, Antiga L, Steinman DA. Correlations among indicators of disturbed flow at the normal carotid bifurcation. J Biomech Eng.
2009;131(6):061013. https://doi.org/10.1115/1.312725.
49. Lee SW, Antiga L, Spence JD, Steinman DA. Geometry of the carotid bifurcation predicts its exposure to disturbed flow. Stroke.
2008;39(8):2341-2347. https://doi.org/10.1161/STROKEAHA.107.510644.
50. Steinke W, Kloetzsch C, Hennerici M. Carotid artery disease assessed by color Doppler flow imaging: correlation with standard Doppler
sonography and angiography. Am J Neuroradiol. 1990;11(2):259-266.
51. Dix J, Skrocki J. Evaluation of carotid stenosis by angiography: potential bias toward overestimated measurements introduced by prior
interpretation of Doppler sonograms. Am J Neuroradiol. 2000;21(4):639-642.
52. Yuan C, Kerwin WS, Yarnykh VL, et al. MRI of atherosclerosis in clinical trials. NMR Biomed. 2006;19(6):636-654.
53. Anzidei M, Napoli A, Marincola BC, et al. High-resolution steady state magnetic resonance angiography of the carotid arteries: are
intravascular agents necessary? feasibility and preliminary experience with gadobenate dimeglumine. Investig Radiol. 2009;44(12):784-792.
How to cite this article: Stamou AC, Radulovic J, Buick JM. Investigation of hemodynamic markers for
stenosis development. Engineering Reports. 2021;e12389. https://doi.org/10.1002/eng2.12389
